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ȨᏙǼኧǻȩ ٯࡵ  ڬฅᒠ 

 

ኧӈ ȉ ٤ࢌኧӈکޑᆶᑈ 

 

ᄔा 

 
 1. ඓඝதҔኧӈޑ೯ϦԄǺ 

  (a) ,...5,4,3,2,1   nan =  

  (b) ,...9,7,5,3,1   12 −= nan  

  (c) ,...10,8,6,4,2   nan 2=  

  (d) ,...1,1,1,1,1 −−   1)1( −−= n
na  

  (e) ,...25,16,9,4,1   2nan =  

  (f) ,...30,20,12,6,2  )1( += nnan  

  (g) ,...11111,1111,111,11,1  
9

110 −=
n

na  

 2. ΠΣ,  ٬ҔǶکကۓޑ 

 3. ኧӈᕴک nn aaaaS ++++= ...321  ፦Ǻ܄ޑ 

   11 aS =  Ϸ 1−−= nnn SSa ύ 2≥nځ)  ) 

4. தҔኧӈޑᕴکǺ 

(a) )1(
2

1
...321 +=++++ nnn  

(b) )12)(1(
6

1
...321 2222 ++=++++ nnnn  

(c) 2223333 )1(
4

1
)]1(

2

1
[...321 +=+=++++ nnnnn  

 5. ϟಏதҔޑኧӈکБݤǴӵ७ৡݤǶ 
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 ٯࡵ

 
1. ኧӈ 1, 2, 2, 3, 3, 3, 4, 4, 4, 4, Ǿ ޑಃ 1000 ࢂӭϿǻ 

เǺ ኧӈޑಃ 1000 ࣁ n Ǵ߾  
2

)1( +nn
 ≤ 1000 

      20002 −+ nn  ≤ 0 

     ள n  ≤ 
2

80011+−
 

 җ90800189 ܭ << Ǵ܌а n = 
2

891+−
 = 44Ƕ 

 

2. ΠӈӚԄޑॶǺ 

 (a) ∑
=

+
6

4

2 )1(
i

i  

 (b) )1( 2
6

4
−∏

=
i

i
 

เǺ (a) ∑
=

+
6

4

2 )1(
i

i  = )16()15()14( 222 +++++  

     = 372617 ++   = 80Ƕ 

 (b) )1( 2
6

4
−∏

=
i

i
 = )16)(15)(14( 222 −−−  

     = 352415 ××   = 12600Ƕ 

 

3. ς321...199819991998...123 ޕ ++++++++++  P P Ǵ ࣁՏኧঁޑ 

 ॶǶ (HKMO 1999/2000 ،ᖻঁΓ)ޑ

เǺ চکԄ  = 1999)20001999
2

1
(2 −×××  

    = )12000(1999 −×  = 3996001 

P=1 ࡺ  Ƕ 

 

4. *ऩ a=××++××+××+×× 121110...543432321 Ǵ a ޑॶǶ 

 (HKMO 1997/98 ،ᖻიᡏ) 

เǺ a = )13)(12)(11)(10(
4

1
 = 4290 
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5. ΠӈኧӈکޑǺ 

 (a) 2222 40...321 ++++  

 (b)  2222 40...642 ++++  

 (c) 2222 39...531 ++++  

เǺ (a) চԄ = 
6

)180)(140(40 ++
  = 22140Ƕ 

 (b) চԄ = )20...321(4 2222 ++++  

   = ]
6

)140)(120(20
[4

++×  = 11480Ƕ 

 (c) চԄ = 1148022140 −   = 10660Ƕ 

 

6.  )3)(1(...643532421 ++++××+××+×× nnn Ƕ 

เǺ চԄ = ∑
=

++
n

k

kkk
1

)3)(1(   = ∑
=

++
n

k

kkk
1

23 34  

   = ∑∑∑
===

++
n

k

n

k

n

k

kkk
11

2

1

3 34  

   = 
2

)1(
3

6

)12)(1(
4

2

)1(
2 +×+++×+




 + nnnnnnn
 

   = 
2

3

2

3

3

2
2

3

4

424

2
2

3234 nnn
n

nnnn +++++++  

   = )2645223(
12

1 234 nnnn +++  

   = 
12

)133)(2)(1( +++ nnnn
Ƕ 

 (ຏǺ җܭϩှሡਔǴࡌԖޜω༸Ƕ) 

 

7. ஒԾฅኧޑѳБ܌ಔޑኧӈǴྣࡪȨಃ n ဂԖ 12 −n  ঁϡનȩޑೕ

 ϩဂǺ߾

   ),...9,8,7,6,5(),4,3,2(),1( 222222222  

  243  ǶکԖϡનᕴ܌ဂύޑӧ܌ 

เǺ ੮ཀǴဂനࡕঁϡનֹ֡ࣁӄѳБኧޑѳБǴ 

 җ494336 ܭ << Ǵ 243 ࡺ җ 237ࢂဂޑӧ܌   Կ 249 Ƕ 

 ջᕴ37)(137)(174( ࣁک(
6

1
)198)(149)(49(

6

1 ++−++  

   = )75)(38)(37(
6

1
)99)(50)(49(

6

1 −  

   = 1757540425 −  = 22850Ƕ 
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 Ƕکn ᕴ ޑ ..... ,666 ,66 ,6 ࣁԄ .8

เǺ  ᕴ666666... = ک +++  = ...)111111(6 +++  

   = )
9

110
...

9

110

9

110

9

110
(6

32 −++−+−+− n

 

   = 
3

2
)10...101010(

3

2 32 nn −++++  

   = 
3

2
)10)(

110

110
(

3

2 nn

−
−
−

 

   = 
3

2
)110(

27

20 nn −−  

 

9. ςޕ nࣁεܭ 10000 ४ᑈǶޑҢԋΟঁೱុ҅ኧ߄ኧǴЪёаޑ

 n  നλॶǶޑ

เǺ Οঁೱុ҅ኧ1,(,)1( ࣁ( +− xxx Ǵ 

)ள )1()1ࡺ  +− xxx  > 10000 

  xx −3   > 10000 

 җܭ [ ] 21100003 = Ǵࡺ၂21 ڗ=x Ǵ 1000010626232221 >=×× Ƕ 

n=10626 ࡺ  Ƕ 

 

10. ऩஒ 64 ߄ҢԋΜঁόӕ҅ޑኧکޑԄǴୢԖӭϿᅿόӕޑϩܨБ

 നλॶǶޑঁޑǴ٠ԜΜঁኧύനεݤ 

เǺ җ55 ܭ
2

1110
10...321 =×=++++ Ƕ 

 ऩυύǴޑࡕϩձуӧኧԄന 9 עࡺԄ࣬ৡ 9ǴکԄکޑ 64 

+ύ 9 = 9  = 81ځ    = 72 +   

   = 63 +   = 54 +   = 711 ++  

   = 621 ++  = 531 ++  = 441 ++  

    = 522 ++  = 432 ++  = 333 ++  

    = 6111 +++  = 5211 +++   

    = 4311 +++  = 4221 +++  

    = 3321 +++  = 51111 ++++  

    = 42111 ++++  = 33111 ++++  

    = 32211 ++++  = 22221 ++++  

    = 411111 +++++  = 321111 +++++  

    = 222111 +++++  = 3111111 ++++++  

    = 2211111 ++++++  = 21111111 +++++++  

    = 111111111 ++++++++  

11110 ࣁനλॶޑঁኧޑύനεځǶݤБܨӅԖ 20 ᅿϩࡺ  =+ Ƕ 
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భୢ 

 
1. ΠӈӚኧԄޑॶǺ 

(a) ∑
=

10

1i

i   (b) ∑
=

+
10

1

)1(
i

ii   (c) ∑∑
= =

10

1

10

1i j

ij  

(d) ∏
=

10

1i

i    (e) ∏
= +

10

5 1i i

i
  (f) ∏∏

= =

10

1

10

1

2

i j j

i
 

 

2. ቪрΠӈኧӈޑ೯ϦԄǺ 

 (a) 3, 5, 7, 9, 11,Ǿ   (b) 3, 8, 13, 18, 23,Ǿ  

(c) 11, 102, 1003, 1004, 10005,Ǿ (d) 1, 2, 4, 8, 16, Ǿ 

   

3. ςޕኧӈ }{ na ύǴ 11 =a ǴϷ 2

1

na
n

i
i =∏

=

Ǵ 531 aaa ++  ॶǶޑ 

4. ςޕኧӈ }{ na ύǴ 11 =a ǴϷ 2

1

na
n

I
i =∑

=

Ǵ 531 aaa ++  ॶǶޑ 

 
5.  2222222222 1234...9596979899100 −+−++−+−+− Ƕ 

 

6. Ԗ 50 ঁϕό࣬҅ޑኧǴѬॺϐ2010 ࢂکǶऩύനλޑঁࢂ 

nǴ n ޑനεёૈॶǶ (҅ 2010 ߃ᖻύΟ) 

 

7. ΠӈኧӈکޑǺ 

 (a) 100...321 ++++    (b) 2222 100...321 ++++  

 (c) 3333 100...321 ++++   (d) 100...642 ++++  

 (e) 2222 100...642 ++++   (f) 99...531 ++++  

 (g) 222222 100...54321 ++−+−+   

(h) 10099...433221 ×++×+×+×  

(i) 10110099...543432321 ××++××+××+××  
 
8. ςޕኧӈޑ n ࣁک nS ǴΠӈኧӈޑ೯ na Ǻ 

 (a) 3nSn =     (b) 24 2 +−= nnSn  

 (c) 23 −= n
nS     (d) 

n
Sn

1=  

 
9. ऩ 1032 210...232221 ×++×+×+×=R Ǵ R ޑॶǶ  

(HKMO 2006/07 ،ᖻიᡏ) 
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၁เ 

 
1. (a) ∑

=

10

1i

i = 10...321 ++++  = 
2

)110(10 +×
 = 55 

 (b) ∑
=

+
10

5

)1(
i

ii  = 1110...877665 ×++×+×+×  

    = 110...564230 ++++  

    = 400 

(c) ∑∑
= =

10

1

10

1i j

ij  = ∑
=

++++
10

1

)10...321(
i

i  

   = ∑
=

10

1

55
i

i   = 255  = 3025 

(d) ∏
=

10

1i

i  = 10...321 ××××  = 10! = 3628800 

 (e) ∏
= +

10

5 1i i

i
 = 

11

10
...

8

7

7

6

6

5 ××××   = 
11

5
 

(f) ∏∏
= =

10

1

10

1

2

i j j

i
 = )

10
...

321
(

22210

1

2 iiii

i

××××∏
=

 = ∏
=

10

1

20

!10i

i
  

   = 
!10

10
...

!10

3

!10

2

!10

1 20202020

××××  = 
10

20

)!10(

)!10(

 
= 10)!10(   

 

2. (a) 12 += nan    (b) 25 −= nan   

(c) na n
n += 10    (d) 12 −= n

na  

  

3. 421 =×aa Ǵ 42 =a ǹ 9321 =×× aaa Ǵ
9

4
3 =a ǹ

2

2)1(

n

n
an

−= Ƕ 

 а܌ 
25

16
5 =a Ƕջ 531 aaa ++  = 

25

16

9

4
1 ++  = 

225

469
Ƕ 
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4. 421 =+aa Ǵ 32 =a ǹ 9321 =++ aaa Ǵ 53 =a ǹ 22 )1( −−= nnan Ƕ 

а 916255܌  =−=a Ƕջ 531 aaa ++  = 951 ++  = 15Ƕ  

  

5. চԄ = )12)(12(...)9798)(9798()99100)(99100( +−+++−++−  

  = 1..9899100 ++++  = 
2

)1100(100 +×
 

   = 5050 
 

6. з  )49(...)2()1( +++++++ nnnn  ≤ 2010 

   
2

50)49( ×++ nn
   ≤ 2010 

   )492(25 +n     ≤ 2010 

   n     ≤ 15 

  ऩ 15=n Ǵ 

   64...171615 ++++    = 1975 

 ջ )6419752010(...171615 +−++++  = 2010 

99...171615 ++++    = 2010 

ࡺ  n ޑനεёૈॶ15 ࣁǶ 

 

7. (a) 100...321 ++++   = 
2

)1100(100 +
  = 5050 

 (b) 2222 100...321 ++++  = 
6

)11002)(1100(100 +×+
 

      = 338350 

 (c) 3333 100...321 ++++  = 2]
2

)1100(100
[

+
 = 25050  

      = 25502500 

(d) 100...642 ++++   = )50...321(2 ++++   

= 
2

)150(50
2

+×   = 2550 

 

 (e) 2222 100...642 ++++  = )50...321(4 2222 ++++  

      = 
6

)1502)(150(50
4

+×+×  

      = 171700  
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7. (f)  99...531 ++++    
= )50...321(2)100...321( ++++−++++  

= 
2

)150(50
2

2

)1100(100 +×−+
 

= 5050 ȉ 2550 

= 2500 

 (g)  222222 100...54321 ++−+−+   

  = 22 100)9998)(9998(...)54)(54()32)(32(1 +−+++−++−++  

  = )99...432(10001 ++++−  

  = )99...321(10002 ++++−  

  = 
2

)199(99
10002

+−  

  = 10002 ȉ 4950 

  = 5052 

(h)  10099...433221 ×++×+×+×  

 = )199(99...)13(3)12(2)11(1 +×+++×++×++×  

 = )99...321()99...321( 2222 +++++++++  

 = 
6

)1992)(199(99

2

)199(99 +×+++
 

 = 4950 + 328350 

 = 333300 

(i)  10110099...543432321 ××++××+××+××  

 = 10110099...543432321210 ××++××+××+××+××  

= )13(3)13()12(2)12()11(1)11( +××−++××−++××−  

 )1100(100)1100(... +××−++  

= )1100(100...)13(3)12(2)11(1 2222 −×++−×+−×+−×  

= )100...321()100...321( 3333 ++++−++++  

= 
2

)1100(100
]

2

)1100(100
[ 2 +−+

 

= 25502500 ȉ 5050 

= 25497450 
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8. (a) 3nSn =  

  na  = 1−− nn SS   = 33 )1( −− nn   

= 133 233 +−+− nnnn  = 133 2 +− nn  
  1a  = 31    = 1 

  җ1 ܭa  ҭ಄ӝ na ೯Ԅ 133ځࡺϦԄǴޑ  2 +−= nnan Ƕ 

 (b) 24 2 +−= nnSn  

  na  = 1−− nn SS    

= 2)1()1(424 22 −−+−−+− nnnn   

= 2148424 22 −−+−+−+− nnnnn  
= 58 −n  

  1a  = 2)1()1(4 2 +−   = 5 

  җ1 ܭa  ό಄ӝ na  ೯ԄځࡺϦԄǴޑ 




≥−
=

=
258

15

nn

n
an Ƕ 

 (c) 23 −= n
nS  

  na  = 1−− nn SS   = 2323 1 +−− −nn   

= 11 333 −− −× nn   = 132 −× n  
  1a  = 231 −    = 1 

  җ1 ܭa  ό಄ӝ na  ೯ԄځࡺϦԄǴޑ 




≥×
=

= − 232

11
1 n

n
a nn  。  

(d) 
n

Sn

1=  

 na  = 1−− nn SS   = 
1

11

−
−

nn
 

  = 
)1(

1

−
−−

nn

nn
  = 

)1(

1

−
−
nn

 

  1a  = 
1

1
   = 1 

  җ1 ܭa  ό಄ӝ na  ೯ԄځࡺϦԄǴޑ 






≥
−

−
=

= 2
)1(

1
11

n
nn

n
an 。  
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 Ǻݤှ .9

  R = )2...222()2...222( 104321032 +++++++++  

    102...++  

   = )2...221(2)2...221(2 82292 +++++++++  

    )1(2... 10 ×++  

   = )12(2...)12(2)12(2 109210 −++−+−  

   = 101121111 22...2222 −++−+−  

   = )2...221(2102 9211 ++++−×  

   = )12(2102 1011 −−×  = 29211 +×   

   = 10434 

  

 ΒǺݤှ 

  2R = 11432 210...232221 ×++×+×+×  

  R-2R = 111032 2102...222 ×−++++  

  -R = 1192 210)2...221(2 ×−++++  

   = 1110 210)12(2 ×−−  

  R = 22210 1111 +−×  = 10434 

 

 

ᄲẤણଭʴӬȮଃờُᏎくŊ 

≟Ⳇˀᔌᆯ⇾㓚᱿ሱ㋧ഐೣȯ 

  

 ણڏశ⍺ᄲણȮẤણȮמ

ˁ⸄ंघോ  

(Aristotle 384bc-332bc) 

 


